





























































uypenbolie wfaeesjfbtgeometuycj.int
w James Hume

1Ihalf Random hyperbolic surfaces
mostlyindependentof James's talk

2ndhalf Applying the conjugacy
will assume definition

Iaglinee The conjugacy is a machine for
turning theorems in flatgeometry intotheorems in hyperbolic geometry

focalizethroughthe lens ofrandomhyperbolic surfaces
































































What is a random hyperbolic surface

7typeubotiesufa.es P a pantsdecomposition
Unifornization
ex stn hyp stB

Packaged together into
T T

Teidrmillenlmoduli spaces
Fenehel

Niekencoordstgily Tg E IR x R 53

lengths e twists ei

tgm.tngmodgooTMg w Edlin dei
p Ilg

Wolpert

X X ro x de
WP symplecticform
































































Random generic wet some measure

FN coonds no WP symplecticform
WP ul form on Mg

Ready want to consider Leb on Thg
just like considering Haan on framebundleinsteadofinducedmeasure on symmspace

Consider Munz on Thg
E Thg Is My

tT µmz BUDUwp
E volume of TENg

Itingalehari um is ergodic wet earthquake flow
Hamiltonianofhyp length

Butstitt how do you go about building these
































































Minyakhani's recipe for building random surfaces

Pick a pankduomp.PT
mutticanuer

1 Fix random lengths up to threshold L

pick E c IR B
y HhH E L or D

5 Fix random hyp ste on set 4 given o lengths

2 glue at randomtwists toursmonthoftwisting

VT defines a measure VIF random lengths x randomtursts
x randomcomplement

Ghiyath as L o V Marz on PNg
r
































































IlligathaniI
yeggs bundle on

R

generalp threshold to Il f Ilp EL contd peu a

IT bundle oven
a

1123
3
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How much of thisrandomness is really necessary

M AH L all haveGg 6 degreesof randomness
































































Tionjective fix b c 112 3

Fix TnEtEC bLa take random twist
no immersed tonus in Ny w heb measure Tp KL

Do Tp KL Unit as L a

Anana Heureua 2 i for a e b StillGg 6 degrees
of randomness

Tep KL Unit
know NOspecifre

outside a setof L of loan density 0
examples

inpart noideafor
theoriginalexample


































































Funnyempty Regular plumbing fixtures

on
Cny Mk holed spheres Dan

Take a Hue I Dig
LOL symmetry thenglue together4

If a random twist
y ou to anils Cnc Mk
f OL Totem measureTFegTD
A r 8Dug

d

II what happens as Lsa
Lool Do thesemeasures even converge

injrad at center can't give mass to
is bonded below

Idifferentthanan injned bold above
































































Theorems C Heure 2 It
tty Z xtz

ytwst towiertkqotgjeazs.TK
ytZxVpants decamp P Tep Ket Muir

outride a setof t of upper density O

Eagleplantingfixtures
Eg et equid to something singular to ruin

outside a setof t of upper density O

Show more detailed slide
after writing this one
































































theorem C fame 21 7 Twist tori frompantadecompositions
P

Let P be a pants decomposition ofS b E R o Set blood bio
O_0

A PIE i pants of Pl b g bCOD blog
blood

If Apc0 0 then Tep et K Z µ mire

IfSpck 0 then Tep et b fz
singularw.tt Maire
P ergodic

IfDp E E2g 5 or Spck 2g 2 Gcombinatorial conditions
then he is thestratum measure corners to Q'µg 2 1494 2 5

theorem C fame 21 7 Regularplumbing fixtures

Let 8 cut S into n uk holedspheres Then so long
as 23 of ni ane odd

Th't Mk et Stratummeasure n 25 niet25reg tee
































































Breaks
































































InakgomQ flatgeometry

Buildsurfaces outof flat L he

pants of length L g p I
I 1

no town 11353 c Q'Mg
O

G measure Up L L L

what happens as a Up L

khene

we'llsee an answer later in the talk
































































Icecap of eoyEgaey Co tame 21

Hyperbolic Boel measurable bijection flat
O PNg F Q'Ng R

i
acarus as

Spineof 0 6 Mory Sepanahties'T

TO Twist toni Twist toni 41I Ltp up
e

Plaid 2 Understand quid of flat twist toni
2 Pull back along 0 push found by R



PIG mquidistuibuto.ie eqkidogmwmmeomomapbmt.me

Whatdoes it mean to pullback along 0

I 0 is neither continuous now proper
Discontinuous Impnepense

S c 0 4

EIFEE n

f f As the weighton 8 0

5 flat surface in oing



theorem CAanne 21 t comp of stratumof Q'Ug

Suppose un v on where v affine
Then R Wn Ratu on P'Ug

Seg lets prove twist tous conjecture

sblR.hn toms

1 EskinMinzkhani Mohammadi JotCgt U It Is unto

2 Forni FZ of 0 density st g v t
te z k

3 EtpisaWright µ Q'Ug Ies
a

R Kg 4 Ep et R µnv Mmirz



Dinmonedetait a ofhairy cylinderyou
cantwiston

to

ftp.sa wmght Classificationof high rankobit closures

Dany Tf Uc Q'Nyce has fullmank

G E has 26 odd zenon U stratum

Numerology

rk stratum g t
odd3fm I get492

4
I 3g 3

rk u ofgls 3g 3
kindofa liereallycomputing in orientationcover

il SL.R.ctn.int uD has fullnark stratum



Idea of the equidistributon theorem

Pomt understand continuity properties

Vanishing support discont improper
onlywaythis can happen

TEC farmer at

Tx ML QNg is continuous G is a

measure Husdorfftop homeomorphism on substrata

Still toget them need to understand cont of R



Thinpants
lemmai R C oD is proper

If Suppose X X e PNg G T shouton X

Lx y I il r X smalt

on 0Cx D have

_t

P
Passingthroughcollar

Ret hot 8 E l x t inkhd addsdefinitelength

Kml CholCh e icy
both small

so 8 is shouton 0 X X so 0 XX is thin D

A Not necessarily true that Vissonformally short
might be contained in smallsubsurface



Emily of fix

aDiscontinuities come from
horizontal saddles

Longer
g
saddle

Ice 1
Smaller discontinuity

Aerology inverse Cantor function
upon

thethickpart
V E Fuku continuous scale E outside

of a faintest of hyperplane Im holesD 0

This is enough to push found w convergence



Application
Ojo

1 Other equdistributing toni leg TreguD

2 Pull back chaik.at UE
Existence of non genuine points for EQ
Non closedness of space of EQ ergodic measures

3 Pull back Chaika ion REL

Equid of hyperbolic Ike
Schiffer deformations p








